In the literature, a lot of research work has been done in this line. Probably, the following theorem by Montgomery in 1936 is the first one.
Montgomery's Theorem: A semitopological group (G, ·, τ ) with a Polish topology τ is a topological group.
Montgomery's Theorem: A semitopological group (G, ·, τ ) with a Polish topology τ is a topological group. This suggests the question of studying "nice" topological conditions on (G, ·, τ ) to make (G, ·, τ ) a topological group. Also, the question as to when a separately continuous mapping is (jointly) continuous arises. To show this theorem, they employed the condition:
for every open neighborhood U of the neutral element e. First, this definition has a little flaw. Second, we know that this concept has appeared in the literature under two different names: feebly continuous (Frolík, 1961) andIs there a common generalization of both near and quasicontinuity? How is this result related to the condition used by Arhangel'skii and Reznichenko?
To answer these questions, we need the following concept introduced by Andrijević in 1986. Semi-precontinuity: A subset A of X is semi-preopen if
The first theorem Theorem 1. Let (G, ·, τ ) be a paratopological group. Then the following statements are equivalent. 
Comments and remarks
There are paratopological groups with a feebly continuous inversion, which are not topological groups. In deed, Guran called such paratopological groups saturated. In a series of papers, Banakh and Ravsky showed that saturated paratopological groups behave much like topological groups in many aspects.
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We may consider the "dual problem" of Theorem 1. That is, for a given topologized group (G, ·, τ ) with a continuous inversion, what can we say about the weak continuity properties of the multiplication m?
We will see that, to study weak continuity properties of m, we need put more conditions on the topology τ .
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Two examples Example 1. Let (Z 2 , +) be the group of integers modulo 2 with the usual addition. Let τ be the Sierpiński topology on Z 2 . Then (Z 2 , +, τ ) is a topologized group such that m is both quasi-continuous and nearly continuous. Also, i is continuous. But, (Z 2 , +, τ ) is not a paratopological group.
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Example 2. Let (R, +) be the reals equipped with the usual addition and the following metric
Then (R, +, τ d ) is a topologized group such that m is feebly continuous, but not quasi-continuous. Moreover, it can be checked easily that i is continuous. 
One more example
In general, the conclusion of Theorem 3 may not hold for a topologized group (G, ·, τ ) when both left and right translations are feebly continuous, under the same assumption on the topology τ .
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Example 3. Let G = [0, 1) be equipped with the following multiplication operation
x · y = x + y, if x + y < 1;
x + y − 1 x + y ≥ 1 and the usual topology τ . Then, (G, ·, τ ) is a topologized group with a separable metrizable Baire topology. It can be checked that m is separately quasi-continuous, but neither
